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γM

S(γM) = {A ∈ M | γM(A) = 0}

γM
M M0 ⊆ M 0 �= I � A ∈ M0

M0

I � A ∈ M ⇒ I ∈ M

M0 ⊆ M UM

UM(M0) = {A ∈ M | A M0 }.

∗
∗ A a, b ∈ A a∗∗ = a (a + b)∗ = a∗ + b∗ (ab)∗ = b∗a∗

A
A∗ Ass

γ Ass A ∈ γ
A B A

B∗ = {b∗ ∈ A | b ∈ B} B∗ = B ∗

B = B1�B2�. . .�A B

A = {A ∈ A∗ | A ∗ }
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A A γ
γ Ass lAss(γ)

γ = lAss(γ) ∩ A

γ Ass γ ∩ A A

γ Ass γ ∩ A = lAss(γ ∩ A) ∩ A

γ γ
γ ∩ A = lAss(γ ∩ A) = γ

ν

Uν ν
Uν

M LM
LspM M

P C

ρ = P ∩ SL(C ∪ β)

(η, ξ) C

S(ξ) = {A ∈ P | A H(A) ∈ ξ }

Lspη = Uρ � US(ξ)

AS(ξ) = {A ∈ A | A S(ξ) }
Aξ = A\AS(ξ)

Lspη ⊂ LspAξ ⊆ US(ξ)
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η
Lspη ⊂ LspA ⊆ US(ξ)

ξ
Lspη ⊂ LspA ⊂ US(ξ)

A C(A)

P = {A | A 0 �= I � A I ∩ C(A) �= 0}

UP = {A | A[x] ∈ G, G }

A ∈ UP
a ∈ A a1, a2, . . . , an, b1, b2, . . . , bm (n,m ∈ Z)

am +
n∑

i=1

ai[a, bi] = 0 [a, bi] =

abi − bia
A

A ∈ UP ∩ A A
∗ a ∈ A

a1, a2, . . . , an, b1, b2, . . . , bm (n,m ∈ Z)

a∗
m

+
n∑

i=1

[a∗, b∗i ]a
∗
i = 0



Шинжлэх Ухааны Академийн Мэдээ 2016 оны №01 (217)

- 112 -



Proceedings of the Mongolian Academy of Sciences Vol. 56 No 01 (217) 2016

- 113 -

ON RADICALS OF RINGS AND RADICALS 
OF RINGS WITH INVOLUTION

S.Tumurbat1, Sh.Batkhishig2

1 Department of Mathematics, National university of Mongolia, Mongolia
2 Department of Mathematics, Mongolian university of Education, Mongolia

e-mail: stumurbat@hotmail.com, batkhishig@msue.edu.mn

Abstract

We define the concept of involution radical and prove some properties of hereditary involution 
radicals. In addition, we consider partition of simple rings and prove a stronger version of a 
known result. 


